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As in the paper, Table 3 indicates an admissible value of d for each of 55
possible pairs (X,Y). The remaining 45 pairs are obtained via the symmetry
(p,q.,d) ---> (q,p,-d). If there are several lines without conditions for a given
case, then each of them is a solution. If there are several lines with
conditions, then at least one of the conditions is true for each relevant value
of (p,q). Following the value of d is the indication of the new sets, X' and
Y', for which p+d is in X' and g-d is in Y', and of the corresponding new
values for ¢ and h.

Questions or comments may be addressed to either of the authors:

Julien.Cassaigne@iml.univ-mrs.{r

or
Steven.Finch@inria.fr .




(X,Y) d X', Y") (¢p+d, €o-d) (hp+d» hg-d) condition
(A, A) W ¢ - 4hp (E.A)  (fty 0) (., hpthg) hg+hg < 2k
wy-4hp+8k+2  (1,C)  (4tég,0) (L hpthg-2Kk) hp+hg > 2k and ¢5+¢q odd
wWlg-4hp-2 (J D)  (fpttq1,00 (L hpthg-2K) hp+thg > 2k and ¢y+¢q even
(A, B) 4k +1 (B.A) (6t (ho, hg) th# ¢
4hg - 4hp (A, B) (p. €o) (hg, hp) ¢p=¢qand hp # hy
w (A,B)  (p*1 ¢y-1) (hp, hp) ¢o=tg, hy=hg, h0+hi=0, O+¢i=1
-4 (E.B) (¢ &) ) ¢p=¢q, hy=hq=1, hO+hi=1, (0+6=0
-4 (AB) (6 &) (hp-1, hpt1) ¢p=tq, 1<hp=hq<2k, hO+hi=1, £0+£=0
-4 AH) (G4 (2k-1, ) ¢o=tq, hp=hq=2k, h0+hi=1, £0+4=0
w -4 (E.B) (fp+1 €5-1) L2 €p=tq, hp=hq=1, hO+hi=1, O0+¢=1 (NB: £,>0)
w- 4 (A,B)  (6ptl.¢y1)  (hpl hptl)  €y=€q, 1<hp=hq<2k, hO+hi=1, £0+£i=1 (NB: ¢,>0)
w - 4 (A, H)  (¢pt1, €p-0) (2k-1, ) ¢p=tq, hp=hg=2k, h0+hi=1, 0+6=1 (NB: ¢,>0)
(A, C) -2 (C.A) (b &) (hp, hg) b7
4hg - 4hp A.Q)  (fty (hg, hp) ¢p=¢qand hy # hy
W ¢ - 4hg (E.C)  (¢p+lq 0) (, hpthg) hpthg < 2k
W g - 4hp (E.D)  (pt€q,0) (L hpthg-2k-1) hp+hg > 2k+1

Table 3-1: Admissiblevalue of d for each possible (X, Y)




(X,Y) d X, Y)  (€praled)  (Nprd, hod) condition
(A, D) 8k +2 DA (6t (hp, h) bt
4hg - 4hp (A.D)  (p &) (h. hp) ¢p = ¢ and hy # hy
W €q - 4hp (ED)  (fptéy, 0) ( hp+hg) hpt+hg < 2k
Wey-ap+w  (EC)  (6ttgtl,0) (. hyrhg2k-1) hythg > 2k+1
(A E) -W ¢ (A B)  (0,6tty) (hp. ¢p>0
2 (C.O)  (0.¢) (hp, 1) ¢p = 0 and ¢ even (NB: ;>0 or hp>1)
8k + 2 (D.D)  (0,4Y) (hp, 1) ¢, =0and £y > 1 odd
Ak +1 (B.G) (¢, 0) (hp, ) tg=1
(A, F) A+ 1 B.E) (6t )
(A, G) 4k +1 (B.D)  (¢p &) (hp, 1)
8k + 2 D,B) (6 &) (hp, 1)
(A, H) 2 €06 b (hp. )
(A, 1) 4k +1 BF (6t (hp, )
8k + 2 D.E)  (tp g (ho, )
A, J) -2 (C.E) (6 bytl) (hp, )
(B, B) 4k +1 D,A) (6 to) (hp, )

Table 3-2




X,Y) d (X, YY) (¢p+d, €o-d) (hp+d» hg-d) condition
(B, C) -4k-3 CB) (b (p. hg) b g
4hg - 4hp B.C) (b (h. hp) ¢p = ¢ and hy # hy
W €q - 4hp (RO (4t 0) ( hp+hg) hpt+hg < 2k
W €q - 4hyp (F,D)  (6pt€q,0) ( hpthg-2k-1) hpthg > 2k+1
(B, D) Ak +1 D.B) (6t (hp, hg) by % g
4hng - 4hp B.D) (6t (hg, hp) bp=tqand hp# hy
W €q - 4hp (F.D)  (6pt+tq, 0) ( hp+hg) hpthg < 2k
W €q - 4hg + W (F.C)  (¢p+lq+1,0) ( hpthg-2k-1) hgt+hg > 2k+1
(B, E) 4k - 1 (A, F) (¢p, €0 (hp, )
(B, F) 4k + 1 (D, E) (¢p, €0 (hp, )
(B, G) 4k -1 (AE)  (¢p, &qtD) (o, )
(B, H) -4k - 3 (C.E) (6 ¢yt)) (hp, )
(B, 1) 4k +1 (D.F) (¢ &) (hp, )
(B, J) -4k -3 C.PH (¢ lg+D) (hp, )
(C, O W €y -4hp+2 (EA) (6t 0) (, hpthg1) hpthg < 2k+1
Weg-dhp+8k+4  (,O) (6t 0) (L hpthg2k-1) hg+hg > 2k+1 and ¢y+¢q odd
W €q - 4hp (3 D)  (6+égl,0) ( hpthg-2k-1) hp+hg > 2k+1 and £,+¢, even

Table 3-3




X,Y) d (X, YY) (¢p+d, €o-d) (hp+d» hg-d) condition
(C, D) 8k + 4 0,0 (6t (hp, o) by # ¢q
4hg - 4hp C.D) (4 &) (h. hp) ¢p = ¢ and hy # hy
W €q - 4hp (3 D)  (fptég1,0) (. hpthg) hpthg < 2k and ¢y+¢q even
W ég-4hp+w+2 (E B  (6ttl 0) hp+hg = 2k+2
Wly-dhp+w+2 (B A)  (tlgtl, 0) (L hpthg-2k-2) hpthg > 2K +2
(C, E) 2 A (lp by (o, ) 2(2k+1, ¢g-1) =0
4K + 3 (B.H) (6. ¢rd) (hp, ) 2(2k+1, €g-1) = 1
(C, F) 4k + 3 (B.J)  (¢p b (o, ) 2(2k+1,€1) =0
8k + 4 (D.H) (6 ¢ (hp, ) 2(2k+1, €g-1) = 1
(C.G) 2 AH (e (hp, )
(C, H) 8k+4 (D, F) (tp, &y (hp, )
C 1) 2 AA) (b (hp, 2K) 2(2k+1, €g-1) = Land €y # &g
8k + 4 D.)  (¢p b (hp, ) 2(2k+1,€g-1) =0
-8k - 4 (D,) (4l ¢y (hp, ) ¢p odd (NB: trueif z(2k+1, ¢5-1) = 1 and €p = ¢y)
(o) -W ¢y - 2 (A BE) (0, gyteqtl) (hp-1, ) hp>1
-W ¢y - 2 (E.E) (0, 4yteqtl) hp = 1 (NB: €ytég+1 > 0)
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X,Y) d (X', Y") (¢p+d, €o-d) (hp+d» hg-d) condition
(D,D) wéy-dhp+8k+6 (EA) (4+qt1,0) (. hpthg) hothg < 2k+1
wy-4hp+8k+4 (I D) (6t€g, 0) (L hpthg-2k-1) hpthg > 2k+1 and €y+¢g odd
W €g - 4hp + w (1,C)  (fpt€qtl, 0) ( hpthg-2k-1) ho+thg > 2k+1 and ¢y+¢q even
(D,E) -4k - 1 (B,F) (tp, &y (hp, )
(D, F) -4k - 1 (B, 1) ¢ €0 (hp, ) 2(2k+1,¢g) =0
-8k - 4 CH (et (hp, ) 2(2k+1,€9) = 1
(D, G) Ak -1 (B.E)  (¢p, ly+D) (hp, )
-8k - 2 (AF) (¢ &t) (hp, )
(D, H) -8k - 4 C.PH (¢ D) (o, )
(D, 1) -8k - 4 CJ  (tpty (hp, )
(D, J -8k -2 (AA) (6 ¢qt)) (hp, 2K) Z(2k+1, €qt1) = 1 and [¢p # €qt1 or hp # 2K]
-8k - 4 C1) (Gt (hp, ) 2(2k+1, €q+1) = 0
8k+4 CDH (¢p+1, &) (hp, ) ¢pevenand hyevenand 4= 0
-4 (D,C)  (0,¢44+1) (hp-1, 1) ¢p=0 and hpy>1 and ¢y odd
(E, E) -W €+ 12k + 7 (G,F) (0, yt+ty) (NB: €ytéq > 0)
(E, F w (EF)  (6tl,¢0) €q>0
-W (E.F) (6l ¢qt0) ¢p >0 (NB: ¢5>0 or £>0)
(E, G) 4k +1 (F.D) (6t (1)
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X,Y) d (X, YY) (¢p+d, €o-d) (hp+d» hg-d) condition
(E, H) -16k - 4 (A,B) (61, ¢4+0) (1, 2k) ¢pisodd
4 (A, B) (tp, &y (1, 2k) ¢piseven
(E 1) wég+4k+1 (F,F)  (fptty 0) (NB: ¢5+€5>0)
(E, J) Wlgt+ak+1 (F,H)  (¢pt€g, 0) (NB: €p+¢5=0)
(F, F) -w €pt 20k + 9 (ILE) (1, 6pteyl) (NB: €yt+¢q>0)
(F, G) -Wp-4k-1 (E.E) (0, 4yteqtl)
(F, H) 12k +7 (E.)) (¢l byl)
(F. 1) W ég- W (1D (teel D) ¢>1
-2w B (6-2¢4t2) p>landfy=1
-8k -4 (H,J (0, ¢g) (=1
4 (B.O (0.1 (L 2K) ¢p=0andfy=1
(F,J) W g+ w (FJ  (Gptegtl -1) ¢p>-1
-2w FJ (-2 ¢4t2) bp>landfy=-1
8k +4 H, 1) (0, &g) ¢p =0 (NB: true only if £3=0)
-16k - 4 (B, D) (0,0) (1, 2k) p=landfy=-1
(G, G) 4k + 1 (E.D)  (4+1 € @
8k + 2 (F.B)  (¢p+l, &) (@)
12k + 3 (ILA) (¢t &) ()
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(X,Y) d (X, Y)  (Cprdlqd)  (Nprd, hged) condition
(G, H) 12k - 5 C.1) (D) 1))
12k +3 (1L,O) (4L, &) 1
G 1) 4k +1 (E.F)  (¢+1 &)
8k +2 (F.E)  (4p+l &)
(G, J) -2 (H,E) (¢, &otl)
(H, H) 12k +1 (C.A) (Gl ¢y (2k, 1)
12k +3 (A, Q) (¢p+L, &) (2k, 1)
12k +5 (LE) (6l ¢y
(H, 1) -8k -4 (F,J) (¢p &9)
(H,J) 8k + 4 (F1) (¢t &) lg> -1
-8k (B.C) (4,0 (1, 2k) lg=-1
(1) W g - 8K (C.D)  (¢yttq 0) (1, 2k) by+eq even
W € - 8k - W (C.D) (¢ptterl, 1) (1, 2k) ¢+ 0dd (NB: €p+;>0)
(,J) Wl + 4 (D.D)  (¢p+éq, O) (1, 2k) ¢+l even
Wlg+4-w (D.D) (¢pterl, 1) (1, 2K) ¢+ 0dd (NB: €p+5>0)
) W g+ 4 (C.D)  (¢p+qt1,0) (1, 2k) ¢y+eq 0dd
Wl +4-w (C.D)  (¢p+lq, 1) (1, 2k) ¢p+ey even
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